楕円差分Painleve方程式と楕円超幾何級数 (可積分系研究における双線形化法とその周辺) by 坂井, 秀隆
Title楕円差分Painleve方程式と楕円超幾何級数 (可積分系研究における双線形化法とその周辺)
Author(s)坂井, 秀隆














, Newton . Kepler
, Newton .
, .







, . $F(_{\gamma}^{\alpha,\beta}$ ; $z)= \sum_{k=0}^{\infty}\}_{\gamma}^{\alpha}+_{k}^{k}\{_{1}^{\beta}+_{k}^{k}z^{k}$
, $a_{k}=\mapsto_{\gamma k}^{\alpha k}+_{1}^{\beta}+_{k}^{k}$
$(k+1)(k+\gamma)a_{k+1}-(k+\alpha)(k+\beta)a_{k}=0$
, . , Euler $\delta=z\frac{\mathrm{d}}{\mathrm{d}z}$ $S(\delta)$ $z^{k}$
$S(\delta)z^{k}=S(k)z^{k}$
1=\emptyset \mbox{\boldmath $\tau$} , . , ( 1) \mbox{\boldmath $\varphi$} [
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ell.P : $(x(s+p) : y(s+p) : z(s+p))=P_{(\hat{\theta}_{4},\hat{\theta}_{5},\hat{\theta}_{6})}\circ P_{(\check{\theta}_{7},\check{\theta}_{8},\theta_{9}^{-})}\circ P_{(\theta_{4}^{-},\theta_{5}^{-},\theta_{6}^{-})}\circ P_{(\theta_{1},\theta_{2},\theta_{3})}(x(s) : y(s) : z(s))$,
(1)
,














$l_{\alpha},\rho(x:y:z)\cdot l_{\beta,\gamma}(x:y:z):)$ ,: $l_{\beta,\gamma}(x:y:z)\cdot l_{\gamma,\alpha}(x:y:z)$






1( - ) $y^{2}z=4x^{3}-g_{2}xz^{2}-g_{3}z^{3}$ , eu.P ,
$(x:y : z)=(\wp(\theta) : \wp’(\theta) : 1)$ ,
, ell.P . $\theta=\frac{3\epsilon^{2}}{p}+(^{aaa}\mathrm{m}_{p}-1)s+\alpha$ , $\alpha$ .
$a_{1}$
. , $a$: ,
.
2( - - ) 4 $a_{1}+a_{4}+a\tau=0$ , eu.P
$( \frac{x(s)}{z(s)},$ $\frac{y(s)}{z(s)})=(\frac{v_{1}(s)}{v_{2}(s)},$ $\frac{\{\wp’(a_{4}-s)-\wp’(a_{7}-s)\}v_{1}(s)+\{\wp(a_{4}-s)\wp’(a_{7}-s)-\wp(a_{7}-s)d(a_{4}-s)\}v_{2}(S)}{\{\wp(a_{4}-s)-\wp(a_{7}-s)\}v_{2}(s)})$
. $v_{1}(s)$ $v_{2}(s)$ .
$(\begin{array}{l}v_{1}(s+p)v_{2}(s+p)\end{array})$ $=$ $UDU^{-1}fU_{f_{1},\hat{\theta}_{4}}\overline{\theta_{1}},\overline{\theta_{7\hat{\theta}_{1},\hat{\theta}\tau\hat{\theta}_{1},\dot{\theta}_{7}\theta_{1},\theta_{4}}}D-- U_{\theta_{1}^{-},\check{\theta}_{4}}^{-1}U_{\check{\theta}_{1},\check{\theta}_{7}}\hat{\theta}_{4},\hat{\theta}_{5},\dot{\theta}_{6}\check{\theta}_{7},\theta^{-}\epsilon,\check{\theta}_{9}$
$D_{\theta_{1}^{-},\tilde{\theta}_{7}}^{\theta_{4}^{-},\theta_{5}^{-},\theta_{6}^{-}}U_{\theta_{1}^{-},\theta_{7}^{-}}^{-1}U_{\theta_{4}^{-},\theta_{7}^{-}}D_{\theta_{4},\theta_{7}}^{\theta_{1},\theta_{2},\theta_{3}}U_{\theta_{4},\theta_{7}}^{-1}(\begin{array}{l}v_{1}(s)v_{2}(s)\end{array})$ , (5)
,







(5) , $q$- Heine , Gauss
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